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ABSTRACT

The binomial coefficienta nﬂrf which are defined for
integral valuss of n and r, may be represented by gamma functions
thus ¥

n

C_ = flrym) = T {nt1)
i T (e+2}T (n-r+l)

The function f{ryn) is defined at a1} points of the r,n = plane
except on the gingular lines o = ~ly =2, =3y cacvennssssnsnsus »
The singularities ;f f{ryn} at the lattice points of the
ryo = plane may be rempved along the straight lines through the
lattice poliptsz. But the values of firyn) 2t the lattice peints
required to remove the singularity depends om the slope of the
line, The singularities cannct be removed between the lattice
points on the sipngular linesd

In the fourth guadranty the formula for removing the
singularities is

flran) = 1lim f{r+e, -k+me)} = (-1)F k+r-lcr(1 - %)'
e—0

where k is a positive integery r is a non-negative integer, and

m is the slupe.uf the line, In the third quadrant, we have two

formulas:
(., . i=k j=1 1
(=1) Gk—l{E)'
H{ryn) = 1im f(-j+ey - k+me) = where J 2 k
e— 0O
Oy where 4 < K.

and both j apd k are positive integers.
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Pascal 's rule f(r,n)+f{r+l, n) = f(r+l, n+i}
iz shown to bold for all non-singular points (r,n) and for the
singular lattice points provided a constant value of m is used
to remove the singuiarities.r

It ia further shown that the binomial series generated
by the coefficients at the singular lattice points is convergent
only when m eguals 1 or o

Three-dimenaional graphs are deplcted to show the binomial
coefficients.at the lattice points, and the shape of the

function £ (r,n) in the region =1 € r«€ +1, -1 < n g +1.
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f(r,n) = lim f(=jre , =keme)
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