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Theorem 2.4.

ideal of SMA or an

Xy,yX € BrA, Hen B

APPENDIX

Theorem 2.3. Let A be an ideal of an inverse semigroup S and B be

an ideal of A. Then B is an ideal of S.

Proof. Let beB and se8S. %1 since B€A. Since A is an
ideal of S, b 1bs and sbb us bs = bb'lbs and sb =

sbb b belong to B snin.ﬂ-uf anideaﬁ- Thus B is an ideal of

. ﬁ{‘\ .
A<B<S h that A and B are

‘,H‘

S.

completely prime i Then B \”gif’hbr a completely prime

Proof. Assume that A and yeS\A. Then xy, yxeB
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51nce B is an ideal of S. If:cy s@x €A then Xe A or y e A since

f.’,‘

./#‘

A is a completelys rxnme 1&' al of*S ntradiction. Thus

To show B\A 135 completely pr1me, let x,y ¢ S*A such that xy ¢

s B8 SIEPEHAGINELYRG 5. 22

y € A, then xyqéA since A is an, ideal, a contradlctlon. Thus x eB\A

= R RFRA eV waa gy

Theorem 2.5. For a subset A of a semlgroup 5, Ais a filter of S if

and only if S‘A is either a completely prime ideal of S or an empty

set.

Proof, Assume that A is a filter of S and S\A # . Let x€ S‘\A and

yeS. If xyeA, then X,y ¢A since A is a filter of S, which is a

contardiction. Therefore Xy eS‘A. Similarly, we can be show that yx e S\A



Now we let x,y€ S such that xye S\A., If x€A and y ¢ A then xy
¢ A, since A is a subsemigroup, which is a contradiction. Thus x e S\A

or );ES\A. Hence S\A is a completely prime ideal.

Conversely we assume that S‘A is a completely prime ideal of

S or an empty set. If S\A=§., t

) = S which is a filter of S.

&-and X,y €S such that xye

S‘\A. If x,ye A, then Xy i A,is igroup of S, a contradi-

ction. Hence x & S‘A o(

Assume S\A is a completely p

#
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Theorem 2.6, : ] f is joi emigroup. Then S U S!

is a semigroup.,

Proof. Let Xx,y,z belmg
x> (y*z)., This is c}early true for the case X,Y,2€85 or x,¥,2¢ 58",

Since a * b = lﬂ ‘ufﬁ{}‘ﬂﬂﬂﬁﬁﬂ mﬂfﬁshow that this

holds for the case X, y€8, 2¢ S",and the case xXe8; y,zeS I1f x,y€8

rest, @Wﬂﬂﬂﬂim um’mma d

x*y) *z = X* 0t

n

If xeS, y,2¢ 8!, then
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(oSy) * 2
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Proof. Let ¥ be the automo
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Lemma 2.7. Let S be an inverse semigroup, F be a field of characteristic

different from 2 such that a2 # -1 for any a in F, Let h be a

homomorphism from S into C(F)*. Then for each x in S, h(x) - h(x-l)
20

and h(x) + h(x'b belong to F if and only if h(x) belongs to A(F).

2
is W(F) fixing all elements of F and

Z

taking i into -i.

——

Assume that | hism such that

h(x) - h(x'l) and Therefore

yil

h(x) YR+ ¥OETD)
2

Thus
1) h(x)
" Also,

eS -h(x“j) B (¢ IS Yo R TCTcS )RR T c aw ) B

SRR P o2i T

ks ﬂﬂﬂ'?ﬂﬂﬂ'ﬁﬂﬂ?ﬂ'ﬁ

¢ . o, R
@ PRIFINFHERITRHIA Y
Y 3 foll?;ws from (1),(2) that 2h(x) = ZW(h(x-l))._ Hence h(x) v(h(x))

= 1, Therefore h(x) belongs to A(F).

Conversely, assume that h is a homomorphism from S into A(F).

Hence h(x) ¥(h(x)) = 1 for all x in S. It follows that

FROT) = WD - W)
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Let h(x) = a + bi where a,be F. Therefore,
h() +hxD) _h +¥(h(x) _ (athi) + (a-bi) _
2 2 2
and
hx) - hxh) _ (avbi) - (a-bi) _,

‘ liw“;! ;
- -‘4'”// .
2i My ) - 2i

Hence h(x) + h(x'l -
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